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ML Machine Learning 1
NDW Nationaal Dataportaal Wegverkeer, the Dutch data-

bank that handles traffic data
1

OD matrix Origin Destination matrix 2
TA Traffic Assignment 2
UE User Equilibrium 3
MSE Mean Square Error 19
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Abstract

This study investigates the impact of road alterations on traffic. Traffic congestion poses a significant
challenge to transportation networks, encouraging the development of accurate traffic models to pin-
point and address these problems. Traffic flow dynamics can be researched through macroscopic
traffic models such as the Lighthill-Whitham-Richards (LWR) model. Estimating the fundamental rela-
tion within the LWR model has historically been a complex matter due to the unpredictable nature of
traffic. Recent progress in machine learning (ML) and big data analytics has opened new doors for
improving traffic modeling accuracy.

In this study, we propose a novel approach that integrates the LWR model with an artificial neural
network to estimate the parameters of Smulders’ fundamental relation based on lane configurations and
speed limits. Rewriting this fundamental relation allows us to use gradient descent on the parameters of
that neural network. Utilizing historical traffic data from the Nationaal Dataportaal Wegverkeer (NDW),
we develop a predictive traffic model that can predict the parameters of the fundamental relation.

The validity of our approach is demonstrated through the performance of the aforementioned artifi-
cial neural network, and through validation exercises. We achieve promising results, with our predictive
model exhibiting an R2 score of 0.7942 in predicting traffic flux. Additionally, we implement a numer-
ical approximation technique, the Godunov scheme, to simulate traffic flow under varying road situa-
tions. The full implementation in python can be found on github.com/vossemeijssen/macroscopic_
traffic_model. Our findings suggest that our integrated approach offers a viable solution for predicting
traffic congestion resulting from road alterations. However, the traffic model still needs a performance
measure to compare it against other implementations.

While this study contributes to the body of knowledge on traffic modeling, there remain opportunities
for future research, including an extension of the model to encompass network-wide traffic dynamics.
An other opportunity lies in conducting deeper analyses of the impacts of alterations on travel times and
congestion intensity. Still, this work represents a step forward in using machine learning techniques to
improve the predictive capabilities of macroscopic traffic models.
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1
Introduction

Traffic congestion is a big problem for transportation networks. It is one of the main incentives for mod-
elling traffic, because good traffic models can help with pinpointing problems in the network. Over the
past 70 years the understanding of traffic has steadily increased and traffic models have become better
in modelling traffic in a realistic way, even though traffic will always be unpredictable to a certain level.
Modelling traffic requires a deep understanding of the behaviour of traffic flow in certain circumstances.

The fundamental relation has been a big focus of traffic flow analysis since the 1955 paper of Lighthill
and Whitham, in [12]. Their traffic model approached traffic as a continuous flow through a network,
with a positive real-valued density and speed on every point. Such a model is called a macroscopic
traffic model, and the model developed in [12] is called the Lighthill-Whitham-Richards (LWR) model.
The LWR model consists of a few equations, one of which is the fundamental relation of traffic. This
relation has been a research topic for numerous decades [23].

Estimating the fundamental relation poses significant challenges due to the complex and random
nature of traffic. Modern research subjects like machine learning and big data have helped the de-
velopment of traffic model research [23]. The combination of historical data and different machine
learning (ML) algorithms have shown great results in predictive traffic models [10, 1]. With the correct
implementation, we can use ML algorithms to find patterns in historic data.

In this research, we propose a new approach that combines the LWR traffic flow model with ML
algorithms to estimate the fundamental relation. We will build this macroscopic traffic model by using a
part of an existing implementation of the LWR model. The fundamental relations are estimated using
open historical traffic data, available through the web portal of Nationaal DataportaalWegverkeer (NDW,
[25]). The end goal of this project is predicting the traffic congestion for certain road work projects. The
traffic flow model should be able to model traffic in realistic work road scenarios, e.g. where one lane
on a highway is closed down.

We have structured this report to systematically examine the application of machine learning in a
traffic model. We will discuss the relevant theoretical background in the next chapter. Chapter 3 and 4
describe the data sources and methodology respectively. The findings will be presented in chapter 5
and discussed in chapter 6. Finally, chapter 7 will show our conclusions.

This report is the result of a master thesis project for the Master Applied Mathematics on the Delft
University of Technology, in collaboration with the Infrastructure and Asset Management Lab (iAMLAB)
of CGI Netherlands. It contributes to the body of knowledge dedicated to traffic modeling, specifically
the prediction of traffic flow using machine learning and the LWR model.
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2
Theoretical background

2.1. Basic concepts in traffic modeling
Everyone is used to a weather forecast on the evening news, where high-end weather models utilize
measurements to predict the weather up to a week in the future. Why is there not such a forecast on
traffic congestion? Traffic is difficult to model for a few reasons. Small perturbations in traffic speeds
can have big effects, like the butterfly effect. Furthermore, even the best models can’t model the
stochastic nature of traffic itself, which is a result of random human influence in routing, lane-switching
and accidents [2, 7, 13]. Still, traffic is definitely not fully random and traffic models have improved a
lot through research over the past decades.

In 1955, M. J. Lighthill and G. W. Whitham wrote the first groundbreaking paper about kinematic
waves and its application in traffic models [12]. Around the same time, P. I. Richards investigated this
mathematical traffic model as well [19], and the set of equations was named the LWR model (after
Lighthill, Whitham and Richards). The LWR model approaches traffic as a continuous flow using a
few differential equations. This approach is also known as macroscopic traffic model. The knowledge
about traffic models has steadily increased until we can now distinguish three different types of traffic
models;

1. Macroscopic traffic models, where traffic is approximated as a continuous flow through a network
of one-dimensional tubes. The flow is described by a system of equations.

2. Microscopic traffic models, where each vehicle is modelled independently.
3. Mesoscopic traffic models, which uses ideas from the first two types [2].

In this master thesis, we will only look at macroscopic traffic models, specifically at variations of the
LWR model.

Even if these types of traffic models are very different in their approach, they often share some
similarities. Usually, traffic models consist of a route choice algorithm and a simulation of traffic flow [2].
The route choice algorithm aims to solve the traffic assignment problem, defined as follows:

Definition 1 (Origin-Destination matrix) An Origin-Destination (OD) matrix shows the number of ve-
hicles that want to travel from one destination (represented by the row) to some other destination
(represented by the column). An example can be found in figure 2.1.

Definition 2 (Traffic Assignment) A Traffic Assignment (TA) problem is determining how demand traf-
fic, usually in the form of an OD matrix, is loaded onto the network. It provides a means for computing
traffic flows on the network links.

Definition 3 (Dynamic Traffic Assignment) ADynamic Traffic Assignment (DTA) problem is the time-
dependent extension of the traffic assignment problem, able to determine the time variations in link or
path flows, and capable of describing how traffic flow patterns evolve in time and space in the network
[2].

2



2.2. Macroscopic traffic models 3

Figure 2.1: An example of a network with 5 nodes, and a given demand in traffic between those nodes. The demand is
rewritten in the OD matrix on the right. This image was taken from [26].

Related to the Nash equilibruim in game theory, John Wardrop defined a state of equilibrium for
traffic models. This is known as Wardrop’s principle, Wardrop’s equilibrium or user equilibrium [2].
Furthermore, this equilibrium is a solution of the TA problem and also has a time-dependent version
called the dynamic user equilibrium. Other solutions to TA and DTA problems are other ways that the
vehicles complete their journey, but which are not in a user equilibrium.

Definition 4 (User Equilibrium) A User Equilibrium (UE) means that the journey times on all the used
routes are equal, and less than those which would be experienced by a single vehicle on an unused
route. It is a solution to the TA problem.

Definition 5 (Dynamic User Equilibrium) A DTA problem has a Dynamic User Equilibrium (DUE)
when the network has a UE at every moment. It is a solution to the DTA problem.

In conclusion, traffic models usually consist of two components: a DTA problem and a simulation
of the routes. Finding a DUE in a traffic model is a difficult task and is sometimes impossible. With
macroscopic traffic models it is often possible to find this DUE as it approaches flow continuously
instead of discreetly [5], but it falls out of the scope of this research. We will discuss this macroscopic
traffic model further in the next section, specifically the LWR model. Afterwards, we will discuss the
Godunov scheme which can approximate the LWR model numerically. This chapter is concluded with
a short background of machine learning in traffic modeling.

2.2. Macroscopic traffic models
2.2.1. Lighthill-Whitham-Richards model
An example of a macroscopic traffic model is the Lighthill-Whitham-Richards model, or LWR model.
This LWR model assumes a positive real-valued density of vehicles q and vehicle velocity u at every
point in some network of roads. We can calculate the flux f using the definition:

f = qu. (2.1)

The second equation of the LWR model is the one-dimensional continuity equation, which describes
the transport of some conserved quantity. More precisely, it says that the change in vehicle density on
some part of a road only depends on the in- and outflux of vehicles:

∂q

∂t
+

∂f

∂x
= 0, (2.2)

also often notated as qt+fx = 0. This equation defines the behaviour of a conserved quantity q, where
in general q : R× [0,∞)→ Rn is the conserved quantity and f : Rn → Rn is the flux of this quantity [4].
In the case of a 1D traffic flow problem, n = 1. Integrating this equation on an interval [x1, x2] gives

d

dt

∫ x2

x1

q(x, t)dx = −
∫ x2

x1

df(q(x, t))

dx
dx = f(q(x1, t))− f(q(x2, t)). (2.3)



2.2. Macroscopic traffic models 4

Equation 2.3 shows that the temporal change in amount of q inside the interval [x1, x2] is equal to the
flow entering or exiting the interval at x1 and x2. Because this holds for any x1 and x2, equation 2.2
means that the amount of q (representing the amount of traffic) can only be created at the edges of the
network, and cannot be created or destroyed inside the network. This follows our intuition; traffic on a
highway can only move along the highway, but (in principle) it cannot be created or destroyed there.

The third equation of the LWRmodel describes the velocity u as some function of the density q. This
allows for a substitution into 2.2 which leads to a differential equation solely depending on the density
q [2, 18]. The relation between u and q is called the fundamental relation (FR).

The idea of a fundamental relation is an important one. It relies on the assumption that the speed of
traffic on some location is only dependent on the density of traffic on that location. In the real world this
is of course not true. Differences in driving style and human errors can create different traffic situations,
even when the conditions are identical. In traffic models, this uncertainty will always be present [7, 13].
The LWR model looks at traffic in an aggregated form and approaches it as a uniform flow, averaging
over these differences.

2.2.2. Fundamental relations
The simplest example of a FR is the linear FR, where the speed of traffic scales down linearly with the
density. When the density is 0, the vehicles will drive at the maximum speed u0. When the density
reaches qj , the velocity will be 0 and traffic will come to a stop. In an equation, this reads:

ulinear(q) = u0(1−
q

qj
). (2.4)

Substituting this into 2.2 will lead to the differential equation

∂q

∂t
+ u0

∂(q(1− q
qj
))

∂x
= 0

which, given initial conditions and boundary conditions, can be solved numerically. Of course, this linear
FR is not the best representation of reality. At small densities, an increase in density will not decrease
the speed that much. And at high densities, the traffic speed will not immediately drop to zero, but it
will just stay very low. This has lead to a few different different FRs [2], for instance, Smulders’ and De
Romphs’ FRs, given by:

uSm(q) =

{
u0(1− q

qj
), for q < qc

γ( 1q −
1
qj
), for q > qc

(2.5)

uDR(q) =

{
u0(1− αq), for q < qc

γ( 1q −
1
qj
)β , for q > qc

(2.6)

In both of these cases, the γ is chosen such that u(q) is continuous. It can be seen that both of these
models use the constant qc, which is the congestion density. Densities lower than this threshold leave
enough space for cars to move around eachother, which means the average speed will stay relatively
constant in that density region. When the threshold has been reached, then the vehicles are stuck in a
traffic jam and the average speed will drop drastically [18].

These FRs can be shown in fundamental diagrams, which are usually plots showing the relation
between q and u or f . Figure 2.2 shows these three FRs in three plots, with the relations between
density q, velocity u and flux f . There is not one FR applicable on every single piece of road, as the
relation between density and velocity is not globally the same. For example, this relation depends on
the surroundings, the behaviour of the average road user but also on the season and time of day.

It can be seen that Smulders’ FR is just De Romphs’ FR with α = 1
qj

and β = 1, and linear FR is
just Smulders’ FR with qc = qj . These three fundamental relations are given in order of degrees of
freedom. These added degrees of freedom can give flexibility to the model, but also adds complexity.
We will focus on Smulders’ FR, as this has enough degrees of freedom to model traffic accurately [18].
However, further research is needed if we want to compare the usage of different FRs in the applied
implementation.
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Figure 2.2: Different fundamental diagrams for three relations: the linear relation, Smulders’ relation and De Romphs’ relation.
For simplicity in this example, u0 = qj = 1, and following [18] the other parameters have been set at a realistic value: α = 0.3,
β = 0.8, qc = 0.3. In chapter 3, we can see that Smulders’ FR follows reality accurately. This can also be seen in the results,
chapter 5. Other FRs could have an impact on the performance of the traffic model, but this falls outside the scope of this

research.

2.2.3. Rewriting Smulders' fundamental relation
Macroscopic traffic models heavily rely on the idea of a fundamental relation, or a relation f(q) between
the traffic density q and the flux f . It is also possible to find this relation by expressing the vehicle speed
u in terms of q and rewriting it into f(q) = u(q)q.

Smulders’ FR (given in 2.2) is dependent on three parameters: u0, qj and qc. A main part of this
research consists of fitting these parameters to a dataset. Finding the values of these variables for
a certain piece of road is nothing more than fitting the function on historical road data, consisting of
individual density-speed combinations (see chapter 3). Figure 2.3 shows the fitting of a FR based on
historical data.

The fitting process is possible using an evolutionary algorithm, but convergence is slow and not
guaranteed. A better fitting method would use gradient descent to optimize the three FR parameters.
An easy way to use gradient descent is to see Smulders’ FR as a artificial neural network, with 3
parameters, an input (density) and an output (velocity). This allows us to directly learn the parameters
from historic data. The layout of the neural network and its implementation in the predictive model will
be further explained in chapter 4.
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Figure 2.3: An example of a FR, fitted onto historical data. This image was taken from [8], page 249, and the FR was here
derived from a model of traffic flows at intersections.

There is some difficulty fitting this speed-density function using gradient descent, coming from the
variable congestion density qc. qc is the critical density that defines the border between two different
traffic behaviours, which means the derivative ∂Cost

∂qc
is not immediately computable by backpropogation.

We can conclude that we can’t directly use Smulders’ FR (eq 2.5) in gradient descent.
To make the rewriting easier, we will first remove the 1/q from our problem. That is why we will

not fit the speed-density function, but the flux-density function. We know from the definition of flux that
f = qu. Furthermore, continuity in q = qc means that γ = u0qc. This gives the following equation for
the flux, according to Smulders’ FR:

fSm(q) =

{
u0q − u0

q2

qj
for q < qc,

u0qc − u0qcq
qj

for q ≥ qc.

We will try to rewrite this into one equation using the ReLU function.

ReLU(x) =

{
0 x < 0,

x x ≥ 0.

Now we will rewrite both parts of fSm(q). The full elaboration can be found in appendix A. Eventually,
we get these expressions:

u0q −
u0q

2

qj
= u0qc −

u0q
2
c

qj
+ (−u0 +

u0qc
qj

+
u0q

qj
)ReLU(qc − q) for q ≤ qc

u0qc −
u0qcq

qj
= u0qc −

u0q
2
c

qj
− u0qc

qj
ReLU(q − qc) for q ≥ qc

We can see that both parts of the flux-density relation of the Smulders FR consist of u0qc − u0q
2
c

qj
and

two ReLU terms which are zero in the opposite domain. This means that we can write the flux-density
relation of the Smulders FR in one equation as:

fSm(q) =
u0

qj
(qcqj − q2c + (qc + q − qj)ReLU(qc − q)− qcReLU(q − qc)) (2.7)

Using this equation, it becomes a lot easier to fit the parameters. We can use a machine learning
framework like Pytorch to define fSm(q) as a neural network with the density of traffic q as an input, and
the flux of traffic f as an output. Then, it can use backpropogation and gradient descent to optimize
the parameters qj , qc and u0. We will use this rewritten FR in the predictive part of our model.
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2.3. Numerical solutions of traffic flow
2.3.1. Riemann problems and the Godunov scheme
As we have seen in equation (2.2), the 1D traffic flow problem is a conservation problem. Conservation
problems are a type of Cauchy problems where f represents the flux of q.

Definition 6 (Cauchy problem) The problem

qt + f(q)x = 0, x ∈ R, t > 0,

q(x, 0) = q0(x), x ∈ R,

for some function f : R → R is called a Cauchy problem [4]. In this context, Cauchy data represents
the initial conditions q0(x) from which a unique solution can be found.

According to [4, 20], it is possible to approximate the solution to this problem using a finite-difference
method. For example, set f(q) as the linear fundamental relation (2.4): f(q) = q(1− q). This gives the
following problem:

qt + (q − q2)x = 0, x ∈ R, t > 0, (2.8)
q(x, 0) = q0(x), x ∈ R, (2.9)

We will use the following discretization:

xi = ih i ∈ Z, h > 0

tn = nk n ∈ N0, k > 0

q(xi, tn) = qni

Using this discretization, [4] uses a few finite difference schemes to approximate the solutions of a few
benchmark problems. A central, upwind, and Lax-Friedrichs scheme are applied, and the results are
compared against the exact solution of these benchmark problems. The central scheme and upwind
scheme both deviate from the exact solution around the shock. The Lax-Friedrichs scheme stays
closest to the exact solution, using the numerical scheme:

qn+1
i =

1

2
(qni+1 + qni−1)−

k

2h
(f(qni+1)− f(qni−1)) (2.10)

=
1

2
(qni+1 + qni−1)−

k

2h
((qni+1 − (qni+1)

2)− (qni−1 − (qni−1)
2)) (2.11)

There are some problems with a finite difference approximation of conservation problems [20]. This
discretization method has difficulties around shockwaves, where the shock will diffuse over time or
where the shock speed is calculated wrong [4]. Furthermore, some finite difference schemes like the
upwind and central scheme don’t implicitly conserve q. A better approach would be to use a finite
volume approach like the Godunov method, introduced by Sergei Godunov in 1959 [6].

In finite volume, the area is devided into ”volumes” with interfaces between them [17]. For 1-
dimensional problems this means that the domain is devided into segments xi. The Godunov method
means keeping track of the amount of ”conserved quantity” in each segment, and finding the flux at
the segment boundaries every time step. The difficulty lies in finding this flux at every cell boundary.
Setting the conserved value qi constant in each cell gives a shock at every cell boundary. Each shock
can be seen as a Riemann problem:

Definition 7 (Riemann problem) A Cauchy problem with initial values

q0(x) =

{
ql for x < 0

qr for x ≥ 0
(2.12)

where ql, qr ∈ R is called a Riemann problem. [9]
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The discontinuity at x = 0 is the main focus of research about Riemann problems. In [4] this problem
is solved by using the method of characteristics. They come to the conclusion that, if q(x, t) is a solution,
then q(αx, αt) for some α > 0 is a solution as well. By expressing q(x, t) = q(ξ), where ξ = x

t , a few
cases can be distinguished. In the light of the Godunov method, only f(q(ξ = 0)) is needed.

1. ql = qr gives the constant solution q(x, t) = q0(x) and f(q(0)) = 0.

2. ql < qr means that there is a higher density of traffic on the right than on the left. This higher
density on the right leads to lower speeds. As traffic moves from left to right, it follows that the
shockwave will stay a discontinuity. It is concluded that the solution has the form:

q(x, t) =

{
ql for x < st

qr for x ≥ st
(2.13)

where the shock speed s is found to be

s =
f(ql)− f(qr)

ql − qr
. (2.14)

This choice for s is called the Rankine-Hugoniot condition [4]. This means the value of f(q(0))
depends on the value of s; if s > 0, then the shock moves to the right and q(0) = ql, while s < 0
yields q(0) = qr. s = 0 is impossible in this situation, as that implies f(ql) = f(qr) which is only
possible if ql = qr.

3. ql > qr has multiple weak solutions, but only one physically meaningful solution; the rarefraction
wave. This means the shock will not stay a discontinuity, but it will spread out. This type of
rarefraction wave is the correct solution in this situation as it satisfies the entropy condition as
defined in [4] and [9]. Mathematically, this looks like this:

q(x, t) =


ql for x < f ′(ql)t

(f ′)−1(xt ) for f ′(ql)t ≤ x ≤ f ′(qr)t

qr for x > f ′(qr)t

(2.15)

For the Godunov method, we will need f(q(0)). This can be found from this equation:

q(0) =


ql if f ′(ql) > 0

(f ′)−1(0) if f ′(ql) ≤ 0 ≤ f ′(qr) < 0

qr if f ′(qr) < 0

(2.16)

In the case of traffic models, f(q) is a concave function and (f ′)−1(0) is the unique solution to
f ′(q) = 0 which represents the point of maximum flux. [4, 9]

As we told before, in finite volume the domain is devided into sections xi with constant density qi.
On the interfaces between these sections is a Riemann problem. The Godunov scheme provides a
method to calculate the behaviour of these shockwaves. The size of the time-step k should be chosen
small enough such that the shock waves don’t interact with eachother within the time interval. After
the time-step, the flow is calculated between the sections and the density is again set to be constant in
each section. This method has proven to stay closer to the exact solution in benchmark problems than
finite-difference methods [6, 4].
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2.3.2. Pseudocode for the Godunov scheme
This pseudocode is the Godunov scheme for scalar conservation law problems [9].

Data: Some initial q0(x), a fundamental relation f(q) with maximum flux f(qmax), a domain x
and boundary values Qboundary point(t).

Result: An approximation of the traffic flow over time.
begin

Discretize t as tn size k, and x as xi size h

Discretize q0(x) as q0i = 1
h

∫ x+h
2

x−h
2

q0(x)dx

for n in timerange do
for all i do

We will find q∗i at the interface between xi and xi+1

if f ′(qni ) ≥ 0 and f ′(qni+1) ≥ 0 then q∗i ←− qni ;
if f ′(qni ) < 0 and f ′(qni+1) < 0 then q∗i ←− qni+1 ;
if f ′(qni ) ≥ 0 and f ′(qni+1) < 0 then

s←− f(qni )−f(qni+1)

qni −qni+1

if s ≥ 0 then q∗i ←− qni ;
if s < 0 then q∗i ←− qni+1;

if f ′(qni ) < 0 and f ′(qni+1) ≥ 0 then q∗i ←− qmax ;
for all interior i do

qn+1
i = qni − k

h (f(q
∗
i )− f(q∗i−1))

for all boundary points i do
qn+1
i = Qi(tn+1)

2.3.3. Benchmark problems
To test our own implementation of the Godunov scheme, we need some way to measure the perfor-
mance against other implementations given in prior researches, and against the exact solution. In the
literature, there are multiple benchmark problems that are often used to test the numerical scheme.
Often, they are Riemann problems with a piecewise constant initial density distribution and one initial
discontinuity at x = 0. For simple conservation law models, the exact solution is known. This makes
it easy to compare different numerical schemes against each other and against the exact solution. In
[4], the first benchmark problem is

q0(x) =

{
1
4 for x < 0
1
2 for x ≥ 0

where, using the linear FR (2.4), the shock will move to the right with shock speed 1
4 :

q(x, t) =

{
1
4 for x < 1

4 t
1
2 for x ≥ 1

4 t
(2.17)

The other benchmark problem in [4] is one with a rarefraction wave, with initial condition

q0(x) =

{
3
4 for x < 0
1
4 for x ≥ 0

and for t > 0 and the linear FR (2.4), this gives:

q(x, t) =


1
4 for x < − 1

2 t
1
2 (1−

x
t ) for − 1

2 t ≤ x ≤ 1
2 t

1
2 for x > 1

2 t

(2.18)

In [4], the Godunov scheme is compared against a few finite difference methods (central scheme, Lax-
Friedrichs scheme and upwind scheme). It concludes that the Godunov scheme stays closer to the
exact solution than the finite difference methods, as it can be seen in figure 2.4. We will choose the
Godunov scheme as a numerical approximation for the LWR model, and we will use these benchmark
problems to test our implementation of the Godunov scheme.



2.3. Numerical solutions of traffic flow 10

Figure 2.4: Godunov and Lax-Friedrichs scheme for a rarefraction solution with h = 0.001 (left) and h = 0.01 (right). k = 0.001
and Tend = 1, and the graphs depict the density (y-axis) along a one-dimensional road (x-axis). It can be seen that the
Godunov scheme stays closer to the exact solution than the Lax-Friedrichs scheme. This plot is taken from [4, p. 37].

2.3.4. Testing the Godunov scheme
We implemented the Godunov scheme in Python following the pseudocode given in subsection 2.3.2.
The full code can be found on github.com/vossemeijssen/macroscopic_traffic_model. Trying the
benchmark problem given in equation 2.18, we obtain the results that can be seen in figure 2.5. This
shows a rarefraction wave, identical to [4].

Figure 2.5: A rarefraction solution using a custom implementation of the Godunov scheme. It can be seen that the results are
the same as [4], which are close to the exact solution.

The benchmark problem defined in equation 2.17 should return a moving shock wave with velocity
1
4 . Again, it can be seen in figure 2.6 that our implementation yields results that are comparable to [4].
The shockwave stays intact, and moves with the correct velocity.

A last test of our implementation of the Godunov scheme considers a narrowing of the road. The
maximum capacity of the road is halved, which changes the fundamental relation in that part [4]. On a
road with length 2, we define the fundamental relations as follows:

f1(q) = q(1− q), for x ∈ [0, 1]

f2(q) = q(1− 2q), for x ∈ (1, 2]

Given the initial conditions q0(x) = 0 and boundary conditions qbl = 0.5 and qbr = 0, we have the neces-
sary information to model traffic on this narrowing road. In figure 2.8 we can see the modeled density
along the road. This density is similar to the modeled density in [4], which shows the implementation
of the Godunov scheme is correct.

github.com/vossemeijssen/macroscopic_traffic_model
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Figure 2.6: A shockwave solution using a custom implementation of the Godunov scheme. It can be seen that the results are
the same as [4], which are close to the exact solution.

Figure 2.7: Plots of f1(q) and f2(q), that are used to model the narrowing of a road.

2.4. Machine learning
Over the past years, different Machine Learning (ML) applications have been in the center of research
in different fields, and modeling traffic has been no exception. ML emcompasses a range of tech-
niques aimed at enabling computers to learn from data and make predictions or decisions. Different
ML techniques can be applied to different parts of traffic models, which are discussed in section 2.4.1.

Neural networks, a subset of ML models inspired by the structure of the human brain, have gained
significant attention in recent years due to their ability to learn complex patterns in data. These networks
consist of connected nodes organised in layers, with each node performing a simple computation and
passing its output to nodes in the subsequent layer. Using a technique called backpropogation, we
can adjust the weights of connections between nodes. That way, a neural network is able to accurately
map inputs to outputs.

A common architecture for neural networks is the linear stack, also known as a fully connected
neural network, where layers of nodes are arranged sequentially. Here, each node in a layer is con-
nected tro every node in the subsequent layer, and every connection has some weight attachted to it.
At each node, a combination of the weighted inputs is computed, followed by the application of an acti-
vation function. Activation functions introduce non-linearity to the network, allowing it to model complex
patterns in the data. Popular activation functions include the sigmoid function, the rectified linear unit
(ReLU) function, and others.

2.4.1. Machine learning in traffic modeling: an overview
Artificial neural networks form the basis for almost all predictive models in traffic modeling [24, 1]. Com-
puter vision algorithms are used for self-driving cars or lane assisting. Other traffic forecasting models
with a longer time-frame can also use machine learning algorithms to find patterns in historical traffic
data, and use that to make predictions not unlike weather predictions. An example can be found on
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Figure 2.8: A solution modeling the narrowing of a road using a custom implementation of the Godunov scheme. These plots
show four different points in time T . Traffic builds up in front of the narrowing after some time. It can be seen that the results

are the same as [4].

the Keras website [10], which uses a Python implementation of an LSTM to predict the traffic situation
on a single road.

We can read about the current state of deep neural networks in [21]. It recognises the ability of
deep neural networks (DNNs) to predict complex patterns due to their deep structure. Furthermore, it
notes that DNNs are common in research about traffic flow predictions.

Furthermore, [24] shows a big list of models that uses neural networks to directly predict traffic.
Most of these models use time-dependant artificial neural networks, or DNNs for the prediction of traffic
patterns. They try to predict the behaviour of traffic based on historic data.

We can also read how these forecasting models have evolved since the early 1980s. Tradition-
ally, efforts were focussing on methods to model traffic characteristics and predict anticipated traffic
conditions. They relied mostly on single-point data from highways, and were used to predict traffic vol-
umes or traffic times. We can read that the developedment of technologies in the past years, including
the availability of powerful computers and data, have enabled researchers to tackle short-term traffic
forecasting in different ways.

2.4.2. Using machine learning techniques to predict the effect of road work
The way that road work affects traffic is not well understood yet. Even though road work on highways
in the Netherlands is planned months in advance, it is not clear how much effect this work will have on
the traffic situation. For example, we don’t have a model that estimates how much total time will be
lost because of these adjustments like lane closures or speed limit reductions. This research aims to
fill that gap by creating a predictive model that can estimate how road alterations will affect traffic.

Existing literature has explored different aspects of traffic modeling and the application of predictive
models. Looking at that existing literature, it should be possible to model alterations to the road situation.
However, we have not found any study that specifically focusses on the effect of road alterations on
traffic flow. There have been other studies that focus on other effects of road work, like safety [22] and
the total global warming gas emissions [11]. This means there’s a big opportunity for new research
to develop better ways to predict how road changes will affect traffic, which could be really helpful for
planning road maintenance and reducing disruptions for drivers.



3
Data

3.1. NDW open data sources
NDW is the Dutch national portal for road data. Different parties collect, combine and distribute their
road data here. A big portion of this data is easily available by registering their online historic database
called Dexter [25]. It is then possible to create data exports for different data sources from different
domains. We will use two different NDW data sources in this project, which will be discussed in the
following sections.

3.1.1. Speeds and intensities
If we want to fit a fundamental relation on some historical data using equation 2.7, wewill need instances
with some density q and flux f . Luckily, NDWhas a data source for this type of data called ”snelheden en
intensiteiten”, or speeds and intensities. This dataset consists of individual measurements of average
speed (km/h) and average flux (vehicle/h) for a piece of road.

The speeds and intensity of traffic can bemeasured by different devices, like measuring loops, radar
or infrared sensors [16]. These devices measure the average velocity of all cars that past over them,
and that historic data can be requested through Dexter [25]. In this thesis, we only take measurements
from loopdata into account. An example image of measuring loops is shown in figure 3.1.

The speeds and intensities dataset can be exported as a table with multiple columns, which can
then be downloaded as a csv file. The columns that we will use in this research can be found in table
3.1. If we look at the measuring location ID, we can figure out the exact location on the highway. For
example, RWS01_MONIBAS_0131hrl0117ra is the ID of a measuring loop on the Dutch highway A13,
on the L direction, around hectometer 11.7. All loopdata measuring locations on the A13 use this format.

In the data, we can read the average flux and average speed in each interval. This means we can
easily calculate the average density from f = qu. We can now plot a graph like figure 2.3 by choosing
one measuring location, and fetching the average speed and average flux, and calculating the average

Figure 3.1: An example image of loops in the road, from www.heijmans.nl/. These loops are used to measure the speed and
intensity of traffic driving over it.

13

www.heijmans.nl/
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Name Explaination Example
id_meetlocatie ID of the specific measuring location. RWS01_MONIBAS_0131hrl0117ra
start_meetperiode Timestamp of the start of the datapoint. 2023-10-16 00:00:00
eind_meetperiode Timestamp of the end of the datapoint. 2023-10-16 00:00:01
gem_intensiteit Average flux in the interval (vehicle/h). 360.0
gem_snelheid Average speed in the interval (km/h). 107.0
rijstrook_rijbaan Location of the loop on the road. lane1
voertuigcategorie Type of vehicle. We will only use ”anyVehicle”. anyVehicle

Table 3.1: Different columns in the NDW export ”speeds and intensities”.

density for every minute. This is shown in figure 3.2. In this figure, it can be seen that there is still a
large spread in speed, especially at very low densities. We can attribute this spread to the randomness
of traffic. Furthermore, the spread in velocity is bigger when the road is quiet; it is very difficult to drive
180 km/h when it is busy on the road. The spread in figure 3.2 can be reduced by filtering specific data.
This filtering will be discussed in section 3.2.

Figure 3.2: Average density and average speed on a single loop on the A13. We are looking at data from measuring location
RWS01_MONIBAS_0131hrl0117ra, and only the left-most lane. Every minute of october and november 2023 is shown as a

single datapoint.

We can further visualise the historical speeds and intensities by showing the densities for a piece
of road. This can be seen in figure 3.3. In this figure, we see the end of the morning rush hour at the
bottom, and some regular, free-flowing traffic at the top. It can be noted that the congestion moves back
along the highway, which is shown by yellow diagonal lines at the bottom. This is a known phenomenon
of traffic. Furthermore, we can see from the diagonal lines at the top that free-flowing traffic drives the
distance between Delft and Rotterdam in approximately 8 minute.

3.1.2. Matrix sign information
In this research, we are looking for the effect of alterations to the road situation, i.e. change in maximum
allowed speed or closing down lanes. If we want to learn this effect from data, then we will first need to
know historical road situations. There is another NDW data source that we can use to find individual
road situations, and that is the MSI data. This is dataset regarding the historic layout of matrix signs
above highways in the Netherlands [16].

There are a lot of matrix signs above highways in the Netherlands, especially in the highly populated
areas. These matrix signs show information like the maximum allowed speed, or whether a lane is shut
down. An example of these signs can be seen in figure 3.4. The MSI data is a csv where each row
depicts a change in one matrix sign. The relevant rows are shown in table 3.2. The ”Beeldstand” is the
most relevant for this research, and shows the maximum allowed velocity on the lane under this matrix
sign.

Because the MSI data only shows changes in the signs, it takes some steps to find the road situation
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Figure 3.3: The average density in vehicle/km of traffic on the A13 between Delft (left) and Rotterdam (right), on November 7th
2023 between 8:00 (bottom) and 10:00 (top). This is the end of the rush hour, and we see congestion until 8:50.

Figure 3.4: An example of a road situation, shown by matrix signs, from www.autoblog.nl/. In this situation, there are two
open lanes with a maximum allowed speed of 70 km/h. In my model, this would reflect as [70, 70, 0, 0, 0, 0].

for a specific location and time. We want to know the road situation for every instance of historical flux-
density, which means we have to find a method to find the MSI data based on a location and time.
Every instance of historical flux-density data has a highway number, a timestamp, and a direction. This
means we can find the road situation by walking back along the highway, finding the closest matrix sign,
and looking for the latest update to that specific sign. In this research, the road situation is an array of
the latest updates of those signs.

This algorithm of adding MSI data to the historical speeds and intensities sounds easy, but was
computationally heavy. It meant we had to look through the whole MSI dataset once for every instance
of flux-density data. To optimize this, we have implemented another method that walks through the
MSI data once, and fills in all speed-intensity records. This prevents walking through the MSI data an
unnecessary number of times.

We want our road situation data to have the same shape for every instance in our data set. To
accomplish this, we pad the roads with ”closed” lanes on the right hand side until we have 6 lanes
in the array. This means that [100, 100, 100, 100, 0, 0] is a highway with 4 open lanes with a maximum
allowed speed of 100 km/h, while [0, 80, 80, 0, 0, 0] is a highway with 2 open lanes, 1 closed lane on the
left, and a maximum allowed speed of 80 km/h.

Using the algorithms and the historical MSI data, we can now plot an example of this MSI data.
In figure 3.5 we can see the historical MSI data for the A13 in the morning of November 7th 2023.
Comparing this to figure 3.3, we see that the matrix signs react to traffic. When the density increases
and it becomes busy on the road, then the Dutch traffic controllers will often lower the maximum allowed
speed.

3.2. Data quality and filtering
We are able to use NDW data to combine historical records of speeds and intensities with MSI data.
Eventually the goal is to predict the behaviour of traffic (which are the parameters of the FR) based on

www.autoblog.nl/
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Name Explaination Example
Datum en tijd beeldstandwijziging Timestamp of the change in sign. 2023-10-15 18:50:21
Wegnummer The highway number under the sign. A13
DVK The direction of the road (R or L) R
Rijstrook The lanenumber under the sign. 1
Hectometrering Hectometer location of the sign. 13.7
Beeldstand The new figure on the matrix sign. speedlimit 80

Table 3.2: Different columns in the NDW export ”MSI”.

Figure 3.5: Historical MSI data from the A13. Every subplot shows the maximum allowed vehicle speed for lanes 1 through 6.
This dataset consists of the A13 from Delft (left) to Rotterdam (right), on November 7th 2023 between 8:00 (bottom) to 10:00

(top). Lane 5 and 6 are always 0, because this part of the highway is 4 lanes at the entries and exits, and 3 lanes in the
remainder of the highway.

this MSI data. But is this a reasonable assumption?
The behaviour of traffic, aside from its randomness, can depend on multiple factors like number of

lanes, maximum allowed speed, weather conditions, road condition, visibility, type of vehicles on the
road, and more. In this thesis, we focus on the effect of the first two factors and try to minimize the
variety in the other factors. We can minimize that variety by adding filters.

We will train and apply our model only to data from weekdays between 7:00 and 19:00. This means
the ratio between work-related traffic and private traffic will mostly stay constant, but we will still get
busy and quiet hours. Furthermore, all training data is from the A13 between The Hague and Rotterdam
because this part contains a lot of measuring loops and matrix signs. The training and test data is taken
from October and November 2023, which were both very rainy months in the Netherlands. Lastly, the
data was chosen from a straight piece of highway without any entries from or exits to another highway.

The mentioned filters can be applied when creating an export in DEXTER. The speeds and intensi-
ties export consists of instances of measured average speed and flux for every minute in the domain,
and for every measuring location. The first two filters are trivial: removing the data instances where no
vehicle drove over the measuring loop, and removing the data instances where some error is givenl.
As mentioned before, the measuring loops can distinguish multiple vehicle classes but we will only look
at the ”anyVehicle” class, which is the total of all vehicles that have driven over the measuring loop that
minute.

The last data modification has to do with traffic flow models. It assumes one density, speed and
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flux on every point along the highway, which means these models don’t differentiate between different
lanes. Aggregating the lanes together means adding the fluxes together, and finding the average speed
using a weighted average. Given some data instance with multiple lanes l, where each lane has some
flux fl and average velocity ul, then we find aggregate them together with the following two equations.

ftot =
∑

l∈lanes

fl

utot =
∑

l∈lanes

ul
fl
ftot

After we have applied all these filters and combining the speeds and intensities with MSI data, we
can choose historical data points based on specific MSI information. Two scatter plots are shown in
figure 3.6 where all historical speeds and densities are shown from measuring loops on the A13 in
October and November 2023 for two specific MSI setups. The left plot mostly shows its datapoint in
free-flow with low densities, while the right plot has more datapoints in the congested, ”busy” domain.
We can see this difference in the distribution of points along the x-axis. This can again be explained by
the fact that traffic moderators adjust the matrix signs based on congestion.

The plots from figure 3.6 form the basis of the training data. We are left with a training dataset of
almost 2 million rows. Eventually, we will train a model that can predict Smulders’ FR based on the
maximum allowed speeds per lane. This will reflect back to these graphs as a fit of Smulders’ FR
through these datapoints.

Figure 3.6: Historical speeds and intensities data, after applying all filters and aggregations, for specific road situations. The
left plot shows all datapoints where there were 4 open lanes with a maximum allowed speed of 100 km/h, and the right shows 3

open lanes with a maximum allowed speed of 50 km/h.
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Methodology

4.1. Overview of the method
The proposed method is based on a few assumptions, most of which have been discussed. It assumes
traffic can be modeled with a few equations according to the LWRmodel. In this research, we will model
traffic purely based on the available MSI information. The underlying hypothesis posits that the MSI
data is a reliable predictor of the parameters of Smulders’ FR.

To find the relation between MSI data and the parameters of Smulders’ FR, we could use an evo-
lutionary algorithm. However, as it was mentioned in chapter 2, this does not guarantee convergence.
By rewriting Smulders’ FR, we made it possible to use backpropogation and gradient descent on the
parameters of the FR. This allows us to train a predictive model that finds the flux of traffic, based on
the MSI data and the traffic density.

The applied method consists of three stages which can be distinguished in figure 4.1. In the first
stage, it uses historical NDW data to learn the relation between MSI data and the FR parameters using
an artificial neural network. In the second stage, that relation is applied to historical data with and
without an alteration. The layout of these first two parts will be explained in section 4.2. Lastly, traffic is
modeled in these different scenarios using the predicted FRs and the Godunov scheme, which will be
discussed in section 4.3. Eventually, this method allows us to create hypothetical road situations and
model them.

4.2. Layout of the neural network
4.2.1. Input and output
In figure 4.2 we have created a close-up of the learning process of the neural network. It combines
historic loopdata and MSI data from NDW, and eventually predicts the parameters of Smulders’ FR:
u0, qj and qc. The predictive part of the model lies in the artificial neural network, consisting of a linear
stack of neurons with activation functions. An example of such a linear stack can be found in figure 4.3,
together with an image of the softplus activation function.

In this research, we have chosen the input as 6 maximum allowed velocities and 1 density. The first
instance of this input array is found in the MSI dataset for the first matrix signs back on the highway
with lane number 1. The second instance has lane number 2, etc. If there is no matrix sign for that
location, then the maximum speed is set as 0. All of these variables are in order of magnitude of 102.
Furthermore, the output variable (flux) has an order of magnitude of 104. Neural networks tend to work
better when the in- and outputs have order of magnitude 1, so in this project we scale them down by
a factor of 102 and 104, respectively. These numbers are chosen through the order of magnitue in the
dataset, but a more standard normalization like min-max scaling could also have been used.

Let the set of maximum allowed speeds per lanes be l = (l1, l2, l3, l4, l5, l6) ∈ R6, and let the set of
FR parameters be p = (u0, qj , qc) ∈ R3. The full predictive F : R6 × R → R predicts the flux f based
on l and q. First, the linear stack L : R6 → R3 predicts the FR parameters p. Secondly, the Smulders’
FR f(q, p) : R3 × R → R, rewritten in equation (2.7), returns the flux for some given density. Then
F (l, q) = f(L(l), q). We can now look at the dataset as a matrix with 6 + 1 = 7 input column and 1
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Figure 4.1: A schematic overview of the applied method. It learns the relation between MSI data and Smulders’ FR
parameters in the first stage. Every instance of NDW loopdata is one data point with a density q, flux f and an array of MSI

data. An artificial neural network is then trained to predict the three parameters of the FR based on the MSI data. In the second
stage, we apply that predictive model to find the difference between a traffic situation with and without alteration. In the final

stage, we then use those fundamental relations to model traffic.

output column, because we have the density, flux, and MSI data combined for each loopdata instance.

4.2.2. Hyperparameter tuning
The used method can be modified with numerous hyperparameters. Not all of these parameters have
a big impact on the learning process and the resulting predictive model. In this section, we will discuss
the impact of the number of hidden layers, the learning rate and the initialization function for the weights.
All hyperparameter tuning tests have been performed with a 5-fold cross validation. The Mean Square
Error (MSE) loss of both the training set and test set are shown in plots. We would like to add that these
hyperparameter tuning experiments are solely ranking different setups on the MSE loss of the datasets.
To accurately rank different setups, we should actually look at the performance of the consequent traffic
model. However, we will see in section 5.2 that this is easier said than done.

We will use Pytorch 1.13 to handle the neural network and the training data. Pytorch can be used
to define basic neural networks like the linear stack with a softplus activation function, but it can also
be used for backpropogation through custom functions. We need that second property for Smulders’
FR, as we will define this equation as a ”neural network”. This means we can use Pytorch to perform
gradient descent through Smulders’ FR. Another feature of Pytorch is its ability to split the dataset into
batches, which will have a fixed size of 1000 in these experiments. This allows the neural network to
learn in small steps, rather than trying to apply gradient descent on the whole trainingset.

For the first hyperparameter tuning experiment, we have researched the effect of the layout of the
neural network. Increasing the amount of hidden layers and nodes increases the capacity of the model
to learn complex patterns in the data, but also increases the computational complexity of training. It
also comes with a risk of overfitting. In this first experiment, we increase the amount of hidden layers
and increase the amount of nodes at the same time. The parameters can be seen in table 4.1, and the
MSE for different epochs is shown in figure 4.4.

It can be seen that a model with 0 hidden layers (a linear model with a softplus activation function)
converges extremely fast, but is not precise. This makes sense; the neural network is just a linear
model with a softm activation layer. When we add more layers, the model becomes more precise. At
the same time, it converges slower and slower. When we have 4 hidden layers, the training is too
slow to converge in 10 epochs. However, there is still no sign of overfitting. That makes sense, as the
dataset contains almost 2 million entries.
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Figure 4.2: An overview of the learning process of the neural network. Every loopdata instance has a flux, density, time and
location. We can find the corresponding MSI data (saved as an array of 6 floats) from those last two parameter. The array is

used as in input of an artificial neural network, with the 3 parameters (u0, qj and qc) of Smulders’ FR as an output. We can use
these parameters in combination with the density to find a predicted flux. The network will learn by finding the MSE loss

between the historic flux and predicted flux, and backpropogating through the network.

Figure 4.3: Here, we see two schematic images of parts of the predictive model. On the left is an example of a linear stack,
where every layer is fully connected and where every node has some activation function [15]. On the right, the image shows
the difference between a ReLU and a softplus activation function. In this research, we will use a softplus activation function in

the linear stack. This second image is taken from
en.wikipedia.org/wiki/File:Rectified_linear_and_Softplus_activation_functions.png.

In the second experiment, we will vary the learning rate. The neural network has 1 hidden layer with
4 nodes. The results of this experiment can be found in figure 4.5. In this figure, every solid line shows
the MSE loss of the training set of one experiment, while every dashed line shows the MSE of the test
set. Because we have 5-fold cross validation, every setup will have 5 solid and 5 dashed lines. It can
be seen that the larger learning rates converge to the wrong value with a higher MSE. A learning rate
of 0.05 and 0.01 converge to the best MSE we have seen of 0.0013 for all folds. The smaller learning
rates have a tendency to converge to a local optimum with a MSE of 0.0018. This optimum only returns
linear models, where qc ≥ qj . Apparently, the network can get stuck in this local optimum when we use
the wrong parameters.

To further analyse the local optimum, we have looked at the effect of different initialization functions
for the weights in the neural network. We use a learning rate of 0.01, and 1 hidden layer. Pytorch
has a number of built-in initialization functions. We have trained a neural network for 20 epochs using
different initialization functions, the results of which can be found in figure 4.6. All functions converge
to the global minimum of 0.0013, except for the zeros.

As a final hyperparameter tuning experiment, we have done a grid search where we consider all
combinations of learning rates lr ∈ {0.0001, 0.001, 0.01, 0.1, 1.0} and model structures with a number of
hidden layers n ∈ {0, 1, 2, 3, 4}. The results of the grid search can be found in figure 4.7, and they are

en.wikipedia.org/wiki/File:Rectified_linear_and_Softplus_activation_functions.png
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Hidden layers Nodes per layer Variables
0 6, 3 21
1 6, 4, 3 43
2 6, 10, 4, 3 129
3 6, 20, 10, 4, 3 409
4 6, 40, 20, 10, 4, 3 1369

Table 4.1: The humber of hidden layers in the first hyperparameter tuning experiment.

Figure 4.4: The resuls from the first hyperparameter tuning experiment, where different layouts of the neural network are
trained and tested. Of course, 10 epochs is not for some training process. However, because the batch size is 1000 and the
dataset contains almost 2 million instances, this means that the neural network uses gradient descent almost 10000 times in
those 10 epochs. For almost all artificial neural networks in this experiment, that is enough to converge. Only the network with

4 hidden layers is still visibly improving.

similar to the other hyperparameter tuning experiments. Again, we see no sign of overfitting. Adding
more layers to the neural network seems to improve the performance, but a network with 4 hidden
layers learns too slow to be able to perform well after 10 epochs.

4.3. Application of the Godunov scheme
In section 2.3.4, we have implemented and tested the Godunov scheme for macroscopic traffic models,
and have made sure that it can handle a single road with different FRs on different parts. The next step
would be to apply the Godunov scheme to a realistic scenario. To achieve this, we discretize a highway
like in figure 4.8. The boundaries xi between the volumes are chosen evenly spaced along a highway
with volume size 50 meter, and the FRs on these boundaries are found using the predictive model in
combination with historical MSI data. We can use these FRs with the Godunov scheme to approximate
the flow of vehicles between volumes for each time-step. In this research, we have used a time-step
of 1 second. It is now possible to model traffic, given an initial density and boundary conditions.

After applying the predictive model and the Godunov scheme to historical data, we are left with a
modeled version of a historic traffic situation. In figure 4.9 we can see a comparison between the historic
density and the modeled density. We see the morning rush hour on the A13 from Delft to Rotterdam,
between 8:00 and 10:00, November 7th. It can be seen that the model gravely overestimates the
traffic. Only after 9:15, the modeled density seems to resemble the historic density. We can also see
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Figure 4.5: The resutls from the second hyperparameter tuning experiment, where we vary the learning rate from 100 to 10−4.

the congestion moving backwards along the highway in both the historic and modeled density plots. All
in all, this first traffic model is not really a realistic representation of reality.

There are however problems with this model; the full length of the A13 highway has some entries
and exits, and our traffic model is not able to model them. When we just look at the highway from
hectometer pole 12.2 up until 16.5, we have a piece of highway without entries or exits. Figure 4.10
shows the historic density and the modeled density in this domain.
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Figure 4.6: The results from the third hyperparameter tuning experiment, where we use different initialization functions to see
which ones converge to a local optimum. All initialization functions are built-in pytorch functions.

Figure 4.7: The results from the last hyperparameter tuning experiment, which was a grid search. We have trained models
with 5 different learning rates and 5 different model layouts for 10 epochs. The results are similar to previous hyperparameter

tuning experiments, where a learning rate of 0.01 is optimal and without a sign of overfitting.

Figure 4.8: An overview of the application of the Godunov scheme. It is a finite volume method, which means each volume
has a constant qi. We can find these densities from the initial density (the red line). Every boundary xi between volumes

depicts a shock, which behaves according to some fundamental relation FRi. Those fundamental relations follow from the MSI
data and the predictive model.
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Figure 4.9: Historic density and modeled density of traffic on the A13 from Delft to Rotterdam on November 7th between 8:00
and 10:00. The modeled density overestimates the traffic congestion because of the entries and exits in this domain.

Figure 4.10: Historic density and modeled density of traffic on the A13 from Delft to Rotterdam on November 7th between 8:00
and 10:00. This time, we have only modeled the highway between hectometer poles 12.2 and 16.5, as there are no exits or

entries in that part of the highway. It can be seen that the modeled density closely resembles the historic data.



5
Results

5.1. Results of the neural network
As we have discussed in chapter 4, the neural network is a predictive model with 7 inputs and 1 output.
After the hyperparameter tuning, we have trained the model using 2 hidden layers, a learning rate
of 0.01 and torch.nn.init.xavier_uniform_() as initialization function, which takes values using a
Xavier uniform distribution [3]. The dataset contains all NDW loopdata from the A13, from the months
October and November 2023. This dataset is split into 80% training- and 20% test-dataset.

We can now make predictions of the flux in the test-dataset using the predictive model. In figure 5.1
we can see a comparison between the predicted and historic flux. The model is able to predict the flux
decently well, with an R2 score of 0.7942. A score of 0 means no correlation between the quantities,
while a score of 1 means a perfect linear correlation.

We can see the predictive capabilities of the neural network when we plot the fundamental relations
of different road situations. Figure 3.6 shows the historic data for two different situations. We are now
able to generate a predicted Smulders’ FR for each situation, which can be seen in figure 5.2. It can
be seen that the fit approximates the functions quite well.

The left figure in 5.2 shows more datapoints in the freeflowing part of the FR, where q < qc, while
the right figure shows more datapoints in the congested part. This phenomenon can be attributed to
the fact that road managers react to congestion. The maximum allowed speed will probably just be
100kmph when it is quiet on the road, but that speed will be set lower when congestion is happening.

5.2. Quality of the traffic model
In this section, we will discuss the quality of the traffic model. By this, we mean the final step in our
methodology, where we try to replicate historic traffic density plots based on MSI data. Comparing
how well traffic models perform against other models can be tricky because there isn’t a standard way
to measure that performance. There have been a lot of implementations of traffic models in previous
researches [4, 9, 14, 7, 10], but they don’t measure the performance of traffic models in any way, other
than visually.

In our research, we are focusing on the performance of the Godunov scheme and on the perfor-
mance of the predictive model. Furthermore, we will work out some example scenarios in the following
section to make the results visual. It would be possible to compare different methods ourselves by
choosing one or more performance metric and scoring all methods on this metric. We have chosen to
leave that for further research.

5.3. Example cases of traffic prediction
We have compared historic situations against modeled situations, where we try to replicate the vehicle
densities along a road based on the MSI data. Our approach to traffic modeling allows us to create
different scenarios with identical initial conditions and boundary conditions, but with altered MSI data.
This means we can model the closure of one or more lanes, or model the lowering of maximum allowed
speed.
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Figure 5.1: A scatter plot of the predicted flux against the actual flux in the test-dataset. The R2 score of this scatter plot is
0.7942, which means means there is a strong positive correlation between the two quantities. There is still a big uncertainty

present, and we can see that this uncertainty is proportionate with the flux.

Of course not all situations are realistic or interesting. In this section, two example situations are
modeled and compared to historic traffic flows. These situations are relevant for traffic management,
and the result of our predictive model could help with rules and regulations regarding these situations.

5.3.1. Full stop
The first situation we will discuss, is a full stop on the highway. We will look at the A13 between 9:00
and 11:00, on November 9th. This historic data depicts a normal thursday morning, with the last part
of the morning rush hour and almost two hours of free-flowing traffic. In our model, the highway will be
totally closed down between 8:50 and 9:00 around hectometer pole 15.5.

In figure 5.3, we can see a comparison between the historic density, the modeled density and the
modeled density with alteration. It can be seen that the modeled density closely resembles the historic
density. The end of the morning rush hour is almost identical, with a backwards moving congestion at
the start. After 9:15, the velocity of the free-flowing traffic is also similar. This shows that the model is
able to replicate the historic situation decently well.

Adding a full stop to the model adds a big queue of more then a kilometer in front of the obstruction.
After the obstruction is removed, the queue starts driving slowly and after another 10 minutes, we don’t
see any after-effect of the obstruction anymore in this domain. To model the complete effect of a full
stop, then we should first be able to model the roads in a connecting network.

5.3.2. Closing 1 or 2 lanes
In this next subsection, we will discuss a common issue in traffic management. Every piece of highway
in the Netherlands has to follow some standards when closing lanes. These are norms about the
duration, the time of day, and number of closed lanes that are allowed. We can put these norms to the
test by looking at the difference between closing 1 lane, and closing 2 lanes.

In this experiment, we will look at traffic from Delft to Rotterdam on the A13 on November 7th
between 12:00 and 12:30. This is a normal tuesday afternoon, without any congestion or road work. In
figure 5.4 we can see the historical density compared to the modeled density. The slanted line pattern
shows traffic moving from Delft (left) to Rotterdam (right), and the modeled density accurately depicts
the historic density and vehicle velocities. We can see that by comparing the slope of the slanted line
pattern.

Now, suppose there is some road work needed between 9:07:30 and 9:22:30 on this piece of high-
way. We will model two hypothetical situations; two open lanes, and one open lane. We can model this
by setting the MSI data for the obstructed domain to be equal to (90, 90, 0, 0, 0, 0) or (90, 0, 0, 0, 0, 0). The
modeled densities can be found in figure 5.5. When we have two lanes available, we can vaguely see



5.3. Example cases of traffic prediction 27

Figure 5.2: Two example subsets of the test-dataset with different MSI data; 4 lanes with a maximum allowed speed of
100kmph, and 3 lanes with a maximum allowed speed of 50kmph. The blue points are historic data of those situations, while

the red lines depict Smulders’ FR, as predicted by the neural network.

Figure 5.3: Three plots which show the density plots of the A13 between Delft Zuid and Rotterdam, on November 9th between
9:00 and 11:00. The left plot shows the historic density. We can see the end of the morning rush hour until 9:15. Afterwards,

we just see free-flowing trafic which travels from Delft (left) to Rotterdam (right). The free-flowing traffic is depicted as lines with
a slope of approximately 100kmph. The center plot shows the results of our traffic model, given historic MSI data and

boundary- and initial conditions. The right plot depicts the modeled density in the domain, but with an alteration. We have
added a full stop between 8:50 and 9:00, and we can see a traffic jam forming in front of the full stop. After the obstruction is

removed, the traffic jam resolves swiftly.

the opstruction in the density plot, but traffic is still flowing freely. Closing down another lane has bigger
implications on the flow of traffic. We can then clearly see an increase in density and a slower vehicle
velocity along the obstructed area. Of course, these plots themselves are not enough to check rules
and regulations regarding the closure of lanes, but they can be use as a starting point for calculating
additional travel time.
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Figure 5.4: Historical density and modeled density plots of traffic between Delft and Rotterdam on the A13 on November 7th
between 12:00 and 12:30. In the historic density plot, it can be seen that there is no congestion happening in this domain. The

modeled density also only shows freeflowing traffic.

Figure 5.5: Two hypothetical modeled density plots of the highway between Delft and Rotterdam on the A13 on November 7th
between 12:00 and 12:30. In both situations, we have added an obstruction on the highway where only two lanes are available
(left plot) or only one lane is available for traffic (right plot). We can see that traffic drives slower when there is only one lane

available.
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Discussion

6.1. Discussing the results
This research includes the implementation of an artificial neural network, a numerical approximation of
differential equations, andmacroscopic traffic model at the basis. All of these sprockets work together to
approximate something that is inherently random and uncertain: traffic. We have shown the predictive
capabilities of our model in chapter 5, but even though the results look promising, we are missing
performance indicators from similar researches. This will become a recurrent theme in this discussion

If we look at the results, we can distinguish multiple parts of the model. The first, and actually the
innovative part of this master thesis, is the neural network that predicts the parameters of Smulders’ FR.
These parameters can then be used with historic traffic densities and a rewritten version of Smulders’
FR to predict the flux of traffic. The neural network is able to learn from a large training set of histor-
ical traffic data. During the hyperparameter tuning experiments it has become clear that the learning
process is robust, given a learning rate of 0.01 and 2 or 3 hidden layers.

In our experiments, we have trained the model only during 25 epochs. Considering that the training
set has more than 1.5 million rows spread out into batches with size 1000, we still have more than
1500 learning steps per epoch. That is why the neural network also does not make much progress
after 10 epochs. It can be said that the number of epochs could have been higher, especially in some
hyperparameter tuning experiments. This could help showing the true quality of a predictive model with
a lot more variables, e.g. a neural network with 4 or more hidden layers. This can also show us the
point where overfitting does occur, as there was never a sign of overfitting in this research.

We have trained a neural network with 2 hidden layers and a learning rate of 0.01. In figure 5.1, we
can see an R2 score of 0.7942 between the predicted and actual flux. This is decently high, especially
considering the randomness of traffic. This means it is possible to predict the parameters of Smulders’
FR, and thus the relation between density and flux, based on the MSI data.

The neural network is only part of the predictive traffic model. The other part consists of a traffic
model, that uses the fundamental relation and the Godunov scheme to replicate the flow of traffic. In
chapter 5, we have first shown the performance of this traffic model without any alterations added to the
traffic situation. Afterwards, we have added different obstructions to see how the flow of traffic would
respond.

One first conclusion that we can make from these experiments, is that the model replicates the
historic traffic patterns decently well. We have seen that the model accurately depicts free-flowing traffic
in its velocity. Specific patterns in congestion can however be more difficult to model, as it is seen in
figure 4.10. Nevertheless, the shape and severity of congestion is consistently modeled realistically.

One flaw of the traffic model is the lack of a performance indicator, that could have been used to
compare our model to other models. Without these indicators, we aren’t able to compare our traffic
model to any other model. We can still draw some conclusions about the performance of the traffic
model whenwe just compare it to historical data. These have been discussed in the previous paragraph,
and in chapter 5. The example cases in chapter 5 have all shown that the traffic model is able to replicate
historic density plots based on MSI data.

Looking back at our initial goals, then we can see that mathematical models are able to improve the
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estimates of the effect of road work on traffic. We have designed and trained a predictive model that
is able to model alterations to the traffic situation and produce realistic results. However, we are still
missing some performance metric to compare this method against, as we have mentioned before.

6.2. Opportunities and future research
It can be seen in the results (chapter 5) that the traffic model performs well for certain cases, but there
are still some points of improvement. These improvements will not change the applied method much,
but will definitely expand the possibilities of the model. We will discuss these opportunities in this
section.

A first expansion to the predictive model would add other inputs to the neural network. The goal
of this neural network is to predict the behaviour of traffic, i.e. the parameters of Smulders’ FR. We
assume that these parameters are only dependent on the traffic situation, but in reality there are a lot
more factors that come into play like weather type, vehicle composition or time of day. The layout of
the model will allow us to easily add these factors to the inputs of the neural network.

Another subject for future research lies within the traffic model itself. Our model is only able to
replicate a highway without entries or exits. This choice was made to simplify the implementation of the
Godunov scheme, because these models with accessways (on/off the highway, or to other highways)
requires route-choice algorithms. However, if we want to research the full effect of road alterations, then
the model should look at roads like a network instead of one path. Purely scaling the traffic model will
not be a groundbreaking research, as there have been implementations of the LWR model in previous
research that can model a full network, like in [4]. Still, the combination with our predictive model will
definitely add meaningful insights.

After looking at modeled density plots with and without alterations, we have drawn the conclusion
that the traffic model accurately replicates historic density plots, and that we can use this model to
predict the effect of alterations on traffic. By alterations, we mean a change in the number of available
lanes and a change in the maximum allowed velocity. We have found some opportunities that use
these predictions.

First, we could use this traffic model to predict the effect of road work on traffic. The model can
be used to approximate the increase in travel time during congestion caused by obstructions like a
narrowing in the road, or a reduction in maximum allowed travelling speed. It can also be used to
approximate the positive effect of road work, by modelling the traffic flow after roads and/or lanes are
added. It is already possible to use our traffic model to create realistic density plots for historic situations
with an alteration, but we are not yet able to calculate an increase in travel time.

Finally, this traffic model is relatively fast. With a few additions, it can be used as a lightweight traffic
model with interactive abilities. Traffic managers could use it to experiment with the traffic situation by
changing roads, or by changing the traffic intensity at will.
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Conclusion

We have researched the impact of road alterations on traffic flow using a macroscopic traffic model in
combination with a neural network. As a traffic model, we have used the LWR model with Smulders’
fundamental relation. This specific model relies on the idea that the behaviour of traffic is locally de-
fined by three parameters: u0, qj and qc. We have trained an artificial neural network to predict these
parameters based on the available lanes and the speed limit. While the application of neural networks
in traffic modeling has been researched thoroughly [24], our methodology offers a new approach to
predictions of the effect of road alterations.

By rewriting Smulders’ fundamental relation, we were able to combine it with the artificial neural
network to create one trainable predictive model. The dataset contains loopdata from Dutch highways,
supplemented with historic data from overhead matrix signs. This data was retrieved through NDW,
the Dutch autority on traffic data. The predictive model is able to predict the flux of traffic with an R2
score of 0.7942. We can conclude that the predictive model shows promising levels of accuracy.

The other part of the traffic model consists of a numerical approximation of traffic. We approximate
the exact solution to the LWR model with the Godunov scheme, where the fundamental relation on
every boudary is dependent on the MSI data on that point. This allows us to replicate the historic traffic
density on a highway without entries or exits based on an initial density, the influx of vehicles and the
road situation (i.e. the speed limit and the number of available lanes on every point along the highway).
Figures 5.3 and 5.4 have shown a solid performance of the traffic model, however we have not been
able to compare our approach to comparable studies. This is a shortcoming of this research.

Our novel approach to a variable fundamental relation allows us to modify the traffic situation, as it
can be seen in figuress 5.3 and 5.5. They show promising results for the application of this model as a
lightweight traffic model. We conclude that the effect of road work on traffic can be predicted with this
apaproach. All of the used code can be found in github.com/vossemeijssen/macroscopic_traffic_
model.

Overall, this study contributes to the body of knowledge about traffic modeling. Subjects for future
research would be an extension of this traffic model from a single road to a network, and a more
thorough analysis of the effect of alterations on travel times and congestion intensity. Another study
could easily add more input variables to the neural network, which can improve the model and give
even more parameters to modify in predictions.
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A
Rewriting Smulders' fundamental

relation

In this appendix, we will show a full elaboration of the rewriting Smulders’ FR, as can be found in chapter
2. First, we start with the formula for the flux of traffic according to Smulders’ FR:

fSm(q) =

{
u0q − u0

q2

qj
for q < qc,

u0qc − u0qcq
qj

for q ≥ qc.

We can rewrite both parts of the equation as follows.

u0q −
u0q

2

qj
= u0(q − qc + qc)−

u0q(q − qc + qc)

qj

= u0qc − u0(qc − q)− u0qqc
qj

+
u0q(qc − q)

qj

= u0qc − u0(qc − q)− u0(q − qc + qc)qc
qj

+
u0q(qc − q)

qj

= u0qc − u0(qc − q)− u0q
2
c

qj
+

u0(qc − q)qc
qj

+
u0q(qc − q)

qj

= u0qc −
u0q

2
c

qj
+ (−u0 +

u0qc
qj

+
u0q

qj
)(qc − q)

= u0qc −
u0q

2
c

qj
+ (−u0 +

u0qc
qj

+
u0q

qj
)ReLU(qc − q) for q ≤ qc

u0qc −
u0qcq

qj
= u0qc −

u0qc(q − qc + qc)

qj

= u0qc −
u0q

2
c

qj
− u0qc

qj
(q − qc)

= u0qc −
u0q

2
c

qj
− u0qc

qj
ReLU(q − qc) for q ≥ qc

Using these results, we can see that fSm(q) can be rewritten into one line.

fSm(q) = u0qc −
u0q

2
c

qj
+ (−u0 +

u0qc
qj

+
u0q

qj
)ReLU(qc − q)− u0qc

qj
ReLU(q − qc)

=
u0

qj
(qcqj − q2c + (qc + q − qj)ReLU(qc − q)− qcReLU(q − qc))

34
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